I want to understand if there is any obstruction to your conjecture about
cohomology of the group of points with values in the Hensel ring. Let k

Xz be an algebraically closed field. Then by means of etale homotopy theory
x¥ I produce a map ‘

Boly(k) —> }{I}n:p'l]

which I would like to know factors through the map of the localization to
the completion. Here the completion denbtes the Artin-Mazur pro-object, but
as BGln(k) is a genuine space , we may repdace the pro-object by Xk its
inverse limit, Now Sullivan claims that for a l-connected space X with f.g.
homology groups, the fibre of the wap from X to its completion has rational
cohomology grecups. This reduces to the assertion that the =z map

sl A fp]

is injective for a f.g. abelian group A and has a uniquely-divisible abelian
Xgxmmgx group for its cckernely by additivity it is enough to check this for
Z[aZ and Z. The former is clear. Su pose X is an element of the completion

off p and that nx is in % p~l; then P'nx is an integer for some i and so by
a straight forward czleculation =x

o= Z[p"]— Zgj Z, — C —o

X = (’(Q‘)aﬂ; dnd nxe Z[P“‘] — Pin Ky=m fndlL
Z/Jn e M.
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groups sn.1 or better the case of the maximal compa gt subgroup.

/

Let G»,beua~real”connectedmbiemgroupwandM,Kmwawmazimalwcompéctmsubgyoup)wwThen ifwwﬁ;ww

is a discretes Subgroup of G without torsion, one knows that $ acts freely on G/X,

and in fact thau H*(%) = HK($/G) The immeuble;6f®the symmetric groups.

westion: Can you give a foporific interpretation of the immeuble? One can undevsiand

gﬁhlnk discrete@
Thus to get at the classifying. u@nos of & one finds a $-space, so one. replaces the

L

category (8,e) bg the category ($,X)oof al o N.w what is importantuégwpot‘tq'fin@‘ah

crude 1nterpretatlon of thlngs which is alwajs p0531ble in the tOpos aetap bjt to flnd a

truly natural category which is eQulvalent tc the gmmeuble. The first example is that

of the covering G/H; e¢~which“gives riSe~tofthe spectral sequecne

3 G s R B

~Think-ef having- GLhkw acting-on-a-vector space— V. What is-so-natural-sbout the ordered —
, a-cohomological
set of proper subspaces as @m object of interest? Let ¢ act on B PP B -

Z II I  Daniel Qillen

Make G act on the set of lines. Then the simplicial complex obtained is the set

of all substets of lines

Lattices form an ordered set, with two ends in some sense. So one factors out by

the action of the center scalars, and one considers the induced simplicial structure. i
%

hy-does-it remain sontractivle? —Unclears - %Xz contractible G¥space:~—Butth

point—Is

this;wmAnytimemyom.havewamconiraciiblewximpiixxiwsemirsimplicialmanimalmon which G acts. ..

you get a spectral sequence of Cech type because such a semi-simplicial animal is a

hyper-covering, and given anything you can meke it contractivge by forming products.

S0 the real question is when do you gain- something.

oo we seenm to have two different technlques for get Llng at the Conomology of

GL(4), %= On one hand we embed the group inside a contmmuous group whose ohomologzy is

understood-and-then we try-to-understand the homogeneou3wsp30e~or~ﬁ0puo.




T 0¥, = KAx st

I need o may o 42

’ 7 6/./7,%4, KOAX
BELAW ™ ——0[B0L| o A fact Hhat on bhomitigy th

U Mt ath f el hptie kil Poa
mep BA(®) —> Qla g obuwve that

| B At(?) x 844@) —> Qlsa >< Q(sa,

| BM(P@&) > 0(ga]

mF,Q) feQ  ad Mo have @ mmafes




 BOLA —— 6L, () ——— e (4




Program: Homotopy axiomx for & field: KEREL LU ER LR EFEX BB BELIALTE k. First

ij con51der Lhe Serre m%thoa for getting the cohomology'of GL k[t} reduced to

k81moler thlngs.' So I set £'¥ﬁ£‘1” and let G = Gqu[t} act on the lattice assoc

”‘iayed“to the local field of Laurent series in z. Ilet M= k[yjn and given
a lattice L or equivalently a vector bundle oféfw‘Pi with trivivaliziton over affine
space, I consider ML = global section of the bundle. . Following serre it is

necessary to make the homothecy class ‘es of lattices into a sontractible simolicial

“recomplex X then 1dent1fy X/Gas weél aé”t@e”imzxixmmx sheaf off isctropy group

~ cohomology of  X/G and then compute, Now T know that every Imkkiorne latiice is

equivalent to the~follwoign types

L=K8 tr1K Boos @ % n lK with A~k[ia]} and o1

T ﬁ;i‘ Set
% T T
then the. s#abilizer of thiés lattice.is
KW W
= s1+32
\ kw ” Wrs ,,,,,,,,, -
2
Mmk%iu |
where ”W” equals the 3%Eki§mxgxx k module of polyniomials of decrees = s. Now in

~addition I must worry about the stablllzer of the warious simplices. Now a typical

‘simplkex occurs when Fou augment &n Bi by 1. Thus you mest start with a simple

kind cf thing.What are the simplices? Answer unknwown  So I need to find two different
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